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JP.605 Find x, ¥y € R such that:

4%V +2026% + 2026Y — 2 = 2¥tyt1 1,
Proposed by Adrian Gobej — Romania

Solution 1 by proposer

The relationship in the statement is written v2026* + 2026Y —2 + (2*7Y - 1)2 =0 =

V2026* + 2026Y — 2 = 0(R,)
= and
2" —1=0=>x=-y

From x = —y = relationship (R;) becomes 2026* + 2026™* =2 &

1

X
© 2026% +

=2 (2026r—1)2=0<2026*=1<x=0andsox =y =0.

Solution 2 by Omkumar Rao-Iindia

4ty —2*xty+l4 1 +42026% + 20267 — 2=0

(2*Y — 1)24+4/2026* + 20267 — 2=0

>0 =0
(2*Y — 1)2=0> 2**Y=20 =y=x
V2026* + 2026Y —2=0: (y = —x)
2026"+20;6x=2. By AM-GM Inequality, for m>0: m+% >2

Hence: 2026*=1=x=0 and since x+y=0, y=0. Therefore,the unique solution is
(x,¥)=(0,0).



