
 

𝐋𝐞𝐭 𝐲 > 𝟎 𝐟𝐢𝐱𝐞𝐝. 𝐓𝐡𝐞 𝐞𝐪𝐮𝐚𝐭𝐢𝐨𝐧 √𝐱 + √𝐲 − 𝐱 = √𝐲 + 𝐲𝐱 − 𝐱𝟐 

𝐡𝐚𝐬 𝟒 𝐝𝐢𝐬𝐭𝐢𝐧𝐜𝐭 𝐫𝐞𝐚𝐥 𝐬𝐨𝐥𝐮𝐭𝐢𝐨𝐧𝐬 𝐱𝟏, 𝐱𝟐, 𝐱𝟑, 𝐱𝟒.  

𝐂𝐚𝐥𝐜𝐮𝐥𝐚𝐭𝐞 𝐒 = 𝐱𝟏 + 𝐱𝟐 + 𝐱𝟑 + 𝐱𝟒. 

Proposed by Marin Chirciu-Romania 
Solution by Togrul Ehmedov-Azerbaijan 
 

{
√𝐱 = 𝐚

√𝐲 − 𝐱 = 𝐛
⇒ {

𝐱 = 𝐚𝟐

𝐲 − 𝐱 = 𝐛𝟐 ⇒ 𝐚𝟐 + 𝐛𝟐 = 𝐲 

√𝐱 + √𝐲 − 𝐱 = √𝐲 + 𝐲𝐱 − 𝐱𝟐 ⇒ 𝐚 + 𝐛 = √𝐲 + (𝐚𝐛)𝟐 

(𝐚 + 𝐛)𝟐 = 𝐲 + (𝐚𝐛)𝟐 

𝐚𝟐 + 𝐛𝟐 + 𝟐𝐚𝐛 = 𝐲 + (𝐚𝐛)𝟐 

𝐚𝟐 + 𝐛𝟐 + 𝟐𝐚𝐛 = 𝐚𝟐 + 𝐛𝟐 + (𝐚𝐛)𝟐 

𝟐𝐚𝐛 = (𝐚𝐛)𝟐 ⇒ {
𝐚𝐛 = 𝟎
𝐚𝐛 = 𝟐

⇒ {
√𝐱(𝐲 − 𝐱) = 𝟎

√𝐱(𝐲 − 𝐱) = 𝟐
⇒ 

{
√𝐱(𝐲 − 𝐱) = 𝟎

√𝐱(𝐲 − 𝐱) = 𝟐
⇒ {

𝐱𝟐 − 𝐲𝐱 = 𝟎

𝐱𝟐 − 𝐲𝐱 + 𝟒 = 𝟎
⇒ {

𝐱𝟏 + 𝐱𝟐 = 𝐲
𝐱𝟑 + 𝐱𝟒 = 𝐲 

𝐒 = 𝐱𝟏 + 𝐱𝟐 + 𝐱𝟑 + 𝐱𝟒 = 𝟐𝐲 

 

 


